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Remark : Fine 's refinement of Euler's
theorem can be obtained from Sylvester's
bijection for his refinement of Euler's
theorem

.

largest →
part

7- • • • • •••-←lcñ#
5 • • • o o

3 • • a

3
. ① •

I
•

I
•

• ••@ k
p

• I;)-] + number = largest
• of party partin
#fhe other

class
( ptns . into distinct

parts with K
Seg . of consec . integerslcñ) - I -12 .

number of
parts = 2k

ICT ) -1 2. number of
parts = 2k -11-

Condition in Fine's refinement .



Thing Prove that

I c-"if ;] = { Chain ,ifm=2nj=o 0
,
if in is odd

.

Proof :
Consider

m

Ifc- "if;] ) zm
m=oJ=° Ñm
A

= E Je - ni zm
m=oj=o¥mi

,

=§§c - hi zm cai.i-E.IE
.m=oj=o ¥91m_j

( : -1=0 .

"
-i- fg÷chm

-j

•
when ; >m , µ, ,=⇐I § zm
- (1) a

5- o ( D; m=o (E)
my

= -

⇒¥-1--0



I zm
- I miamij=o

= I zig zm

j=o (E)j m=oÑm
= § c- zÑ
j=o ¥ •

=

#-)
,

' ¥1s
= 1-

⇐ F)•
= § £2M

m=o ¥97m

⇒ §§← :[731T¥.si?EFqEi1nm=oJ--o
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